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Executive Summary

The Institute for Computational Redistricting (http://redistricting.cs.illinois.edu) is a

research group at the University of Illinois at Urbana-Champaign. Under the direction of

Dr. Sheldon H. Jacobson (http://shj.cs.illinois.edu) and Dr. Douglas M. King, the group

focuses on computational methods for redistricting to provide transparency within the

redistricting process. In January 2021, the Missouri League of Women Voters (MO-LWV)

contacted the group to prepare U.S. congressional district plans for Missouri, and state

legislative district plans (state senate/house) that satisfy the new redistricting criteria

amended to the Missouri Constitution in 2020. The new criteria for state legislative plans

introduces a maximum allowed percent deviation for district populations, and prioritizes

compactness and the preservation of political subdivisions over partisan fairness require-

ments. For congressional plans, Missouri only requires contiguous and compact districts,

in addition to the requirements from the U.S. Constitution. The goals of this analysis are

to examine the physical and partisan characteristics of plans that satisfy constitutional

requirements, and to examine the interplay between legal requirements and partisan fair-

ness.

For state legislative district plans, we explore questions such as how many counties (i.e.,

a type of political subdivision) can be kept intact under the new population requirement,

how many seats can each party expect to win, and how much can partisan fairness be

improved (beyond any constitutionally required thresholds). For example, the new popula-

tion requirement affects how many state legislative districts can fit inside highly populated

counties. Also, prioritizing compactness and preserving political subdivisions over partisan

fairness allows Democrats to be packed into urban districts.

The Missouri Constitution has fewer requirements for congressional district plans than

for state legislative district plans. Therefore, in contrast to the state legislative plans, there

are many ways to draw the congressional district boundaries that satisfy constitutional

requirements; some ways exhibit good partisan fairness, and others exhibit poor partisan

fairness. It is also important to create these district plans by transparent means; with

no insight into how a plan was constructed, it is not clear whether undesirable qualities

(e.g., packing and cracking, non-competitive districts) are due to gerrymandering or are a

natural result of constitutional requirements and political geography.
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We use an optimization algorithm to create a collection of district plans (two state senate,

two state house, and eight congressional) that satisfy legal requirements and prioritize dif-

ferent fairness objectives (e.g., compactness, the Efficiency Gap). Although compactness is

prioritized in the Missouri Constitution (for both state legislative and congressional plans),

focusing on additional aspects of fairness can illustrate the range of partisan outcomes that

is possible for Missouri’s legal requirements and political geography. Optimization algo-

rithms promote transparency in each step of the districting process, since they have clearly

defined objectives, constraints, and parameters. A discussion accompanies the collection

of district plans, including the advantages and disadvantages of each plan, and how legal

requirements and political geography impact the redistricting process.

Ultimately, the results show that Missouri’s unique political geography, com-

bined with the constitutional requirements, gives Republicans an inherent

advantage. For example, district plans created to solely prioritize compactness tend to

pack/crack Democratic votes, since Democrats are concentrated in a few urban centers

with fewer voters throughout the rest of the state. Hence, many Democratic votes are

considered wasted, since packed districts have many more votes than are needed to win

their elections and cracked districts are lost by small margins. In contrast, Republicans

are more evenly distributed throughout the state, and hence tend to waste fewer votes

than Democrats do and are better able to translate their votes into seats. Preserving polit-

ical subdivisions (e.g., county lines), as required by the Missouri Constitution for state

legislative district plans, exacerbates this problem. The state legislative plans must

satisfy a constitutionally required threshold for partisan fairness (related to

the E�ciency Gap), but plans that solely prioritize compactness can satisfy

this threshold while still wasting many votes.

We ran experiments to improve partisan fairness in state legislative plans (as measured

by various voting-based metrics), but were unable to make improvement while maintain-

ing compact districts and preserving county lines. Hence, Missouri’s constitutional

requirements severely limit the options available for legally acceptable state

senate/house district plans.

In contrast, partisan fairness can be substantially improved in congressional

plans while maintaining compactness and a majority-minority district. We
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present compact congressional plans that also have good Efficiency Gap values, good Parti-

san Asymmetry values, or four competitive districts. In particular, the congressional plans

that prioritize the Efficiency Gap and compactness have compactness scores comparable

to plans that solely prioritize compactness, but their Efficiency Gap values have improved

(i.e., decreased) by more than 15%.
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1. Introduction

Missouri has changed its state legislative redistricting requirements twice since the last

redistricting cycle in 2011 (Mo. Const. art. III, §3). While the 2018 redistricting amendment

prioritized partisan fairness (i.e., the Efficiency Gap), the 2020 redistricting amendment

prioritizes compactness and the preservation of political subdivisions (e.g., counties). The

2020 amendment also defines a maximum allowed percent deviation for district popula-

tions. For congressional redistricting, Missouri requires contiguous and compact districts,

in addition to the requirements from the U.S. Constitution (Mo. Const. art. III, §45). The

Missouri League of Women Voters (MO-LWV) contacted the Institute for Computational

Redistricting (ICOR) to construct state legislative and congressional district plans that

satisfy constitutional requirements.

This report provides the MO-LWV with a collection of two state senate, two state house,

and eight congressional district plans. The plans are constructed with an optimization

algorithm to promote transparency in the districting process. To assess the preservation

of political subdivisions for the state legislative plans, we examine how many districts

can fit inside highly populated counties under the new population requirement, and how

many counties must be split. For the congressional plans, we maintain a majority-minority

district. To examine the interplay between redistricting requirements and partisan fair-

ness, some plans presented in this report prioritize compactness, while others prioritize

partisan aspects of fairness (e.g., the Efficiency Gap). Although the Missouri Constitution

prioritizes compactness, focusing on multiple aspects of fairness allows one to examine

how constitutional requirements and political geography affect the level of political fair-

ness achievable for Missouri. Each plan is scored with various fairness metrics, and the

advantages and disadvantages between plans are discussed. The results show that state

legislative district plans that satisfy constitutional requirements have an inherent Republi-

can advantage, likely attributable to the political geography of the state. For congressional

district plans, the results show that compactness and good political fairness are achievable

for Missouri.

This report is organized as follows. Section 2 describes the fairness metrics used to

evaluate district plans. Section 3 gives an overview of the optimization method used to

construct the plans that optimize these fairness metrics. Section 4 outlines Missouri’s

redistricting requirements, data, and geography. Lastly, Section 5 presents the district plans

and Section 6 discusses and compares their partisan characteristics.
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2. Fairness Metrics

In the context of redistricting, “fairness” can be interpreted in a number of ways. Sometimes

fairness focuses on political parties; for example, a district plan could be considered fair

if neither party is packed and cracked (i.e., concentrated in a few districts where it wins

by overwhelming margins, then diluted among the remaining districts). Fairness can also

mean reasonably shaped districts, or competitive districts. Throughout this report, we

refer to metrics that use voting data as partisan fairness metrics; compactness is the only

fairness metric considered in this report that is not a partisan fairness metric. Each district

plan presented in this report is evaluated with various metrics that quantify these common

aspects of fairness. This section gives an overview of each metric.

• Compactness: A district is compact if it has a simple shape (such as a circle or square,

as in Figure 1b), as opposed to a convoluted shape (as in Figure 1a). Simple shapes

are preferred, since convoluted district shapes can be a result of intentional boundary

manipulation for political gain. For example, the salamander-shaped Massachusetts

district that inspired the term gerrymander was constructed to pack Federalist voters

(Massachusetts Historical Society). There are several ways one could quantify district

compactness (Young 1988); we choose to measure compactness as the sum of all district

perimeters (reported in miles). We exclude perimeter segments that coincide with

Missouri’s state boundary, since the state boundary will always overlap with district

perimeter segments for any district plan. A district with an irregular shape (as in

Figure 1a) has a larger perimeter than a district with a simpler shape (as in Figure

1b), which means that smaller values of this metric indicate more compact districts.

(a) A non-compact district with

a perimeter of 197 miles

(b) A compact district with a

perimeter of 94 miles

Figure 1 Two examples of district shapes (for roughly the same location and district population). Figure 1a

shows a non-compact district and Figure 1b shows a compact district.
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• E�ciency Gap: The Efficiency Gap aims to quantify packing and cracking. A packed

party wastes votes because it wins districts by overwhelming margins; a cracked party

wastes votes because it narrowly loses many districts. Hence, “wasted votes” are votes

cast for a district’s losing party, or votes cast for a district’s winning party in excess

of the 50% needed to win the election. The Efficiency Gap measures the difference

in wasted votes between both parties and reports this difference as a percentage of

the total votes cast for these two parties (Stephanopoulos and McGhee 2015). Smaller

values of this metric indicate that both parties waste a similar number of votes, which

means both parties are packed and cracked to a similar degree. For example, the

vote-share scenario in Figure 2a has a large Efficiency Gap because Republicans are

cracked, and therefore waste many votes; the vote-share scenarios in Figures 2b, 2c,

and 2d have small Efficiency Gap values, because both parties waste votes equally.

• Shifted E�ciency Gap: The Shifted Efficiency Gap (referred to as “Competitiveness”

in the Missouri Constitution (Mo. Const. art. III, §3)) examines how the Efficiency Gap

changes with small shifts in voter preferences. The Efficiency Gap relies on voting data

from previous elections, and voting behavior might change in future elections. Consider

a scenario with multiple very competitive districts (as in Figure 2c); Democrats might

narrowly win all the districts in one election, then narrowly lose them all in the next

election. Democrats waste many more votes for the latter outcome than the former,

even though the change in voter preference is small. To capture the robustness of

a district plan, the Shifted Efficiency Gap calculates the maximum Efficiency Gap

value for scenarios in which the statewide vote-share shifts 1-5% in favor of either

party (uniformly among all districts). Smaller values for this metric indicate that both

parties waste a similar number of votes, even with small shifts in voter preference.

For example, the vote-share scenario in Figure 2b has a better Shifted Efficiency Gap

than Figure 2c because the seat outcome does not dramatically change with small

vote-share shifts. For a more technical analysis of the Shifted Efficiency Gap and its

potential flaws, see DeFord et al. (2020).

• Partisan Asymmetry: Partisan Asymmetry observes to what extent both parties

receive different seat outcomes for the same vote-share scenarios (Grofman and King

2007). Similar to the Shifted Efficiency Gap, Partisan Asymmetry compares the rate at

which both parties win/lose seats as the statewide vote-share shifts uniformly among
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(a) Democrats win �ve seats and Republicans win one

seat. Five seats are competitive. The E�ciency Gap

is bad because Republicans are cracked. The Shifted

E�ciency Gap is bad because small changes in vote-

share could dramatically alter the seat outcome. Partisan

Asymmetry is good because the district vote-shares are

mostly symmetrically distributed.

(b) Democrats and Republicans each win three seats.

No seats are competitive. The E�ciency Gap is good

because both parties waste votes equally. The Shifted

E�ciency Gap is good because increases/decreases in

vote-share for either party do not dramatically alter the

seat outcome. Partisan Asymmetry is good because the

district vote-shares are symmetrically distributed.

(c) Democrats and Republicans each win three seats.

All seats are competitive. The E�ciency Gap is good

because both parties waste votes equally. The Shifted

E�ciency Gap is bad because small changes in vote-

share could dramatically alter the seat outcome. Partisan

Asymmetry is good because the district vote-shares are

symmetrically distributed.

(d) Democrats and Republicans each win three seats.

Two seats are competitive. The E�ciency Gap is good

because both parties waste votes equally. The Shifted

E�ciency Gap is bad because small changes in vote-

share could either change the seat outcome or indicate

packing/cracking. Partisan Asymmetry is bad because

the district vote-shares are asymmetrically distributed.

Figure 2 Example vote-share scenarios for six districts. Although the overall vote-share is split 50-50 (assuming

equal turnout in all districts), there are a number of di�erent ways the voters can be grouped into

districts. Democratic fractions are shown on the bottom in blue and Republican fractions are shown on

the top in red.

all districts. As the vote-share for one party gradually increases to 100% or decreases

to 0%, we can observe how many seats that party would hypothetically win for each

of those vote-share scenarios. For example, Figure 3 shows the number of seats each

party would hypothetically win for vote-shares from 0-100% in two example district

plans (these plots are called vote-seat curves). The more space exists between the two
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curves, the more asymmetry is present in the district plan. For the plan in Figure 3a,

if Democrats and Republicans were to both win 50% of the votes, they would win

40% and 60% of the seats, respectively. However, for the plan in Figure 3b, Democrats

and Republicans each win 50% of the seats for 50% of the votes. In general, there is a

large amount of space between the two curves in Figure 3a, while the curves in Figure

3b are nearly identical. Therefore, the plan in Figure 3b is more symmetric than the

plan in Figure 3a. The Partisan Asymmetry metric value is calculated as the area

between both parties’ vote-seat curves (Grofman 1983). This metric typically takes on

values between 0.00 and 0.11. The minimum value of zero occurs when the vote-seat

curves are exactly the same; however, sometimes factors such as political geography

or number of districts can prevent a state from achieving a value of zero. Similarly,

the largest value achievable varies slightly from state to state. As a rough guideline,

smaller values up to 0.01 indicate very symmetric plans, while larger values such as

0.08-0.11 indicate very asymmetric plans.

As additional examples, the vote-share scenarios in Figures 2b and 2c have small

Partisan Asymmetry values because the vote-shares are symmetrically distributed (i.e.,

both parties are spread evenly across the districts). The vote-share scenario in Figure

2d has a large Partisan Asymmetry value because the vote-shares are asymmetrically

distributed.

(a) The vote-seat curves of an asymmetric plan (b) The vote-seat curves of a symmetric plan

Figure 3 Vote-seat curves for Democrats and Republicans. The curves in Figure 3a are for an asymmetric district

plan and the curves in Figure 3b are for a symmetric district plan.

• Competitiveness: Maintaining competitive districts can encourage voter turnout,

reduce district packing, and discourage candidate complacency (Hirano and Snyder
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2012, McCarty et al. 2009, Tapp 2018). To assess the competitiveness of a district

plan, we display the Democrat/Republican vote-share in each district and report the

number of districts within a 10% margin of victory. For example, the vote-shares sce-

narios in Figures 2a and 2c have many competitive districts, while the scenario in

Figure 2b has no competitive districts.

3. Optimization Method

This section describes how the optimization algorithm constructs district plans. In general,

the algorithm aims to find a district plan with the best fairness metric value, within the

constraints of legal requirements. The algorithm is called a local search method, meaning

it starts with a given district plan (e.g., the plan currently in place, or another proposed

plan) and improves it by making a sequence of small changes to district boundaries. While

a single small change might not drastically transform the plan, performing thousands of

them can lead to a significant improvement as the algorithm continues to run. The basic

steps of the algorithm, based on a method from DeFord et al. (2019), are listed below.

1. Choose an initial district plan, a fairness metric to improve (e.g., compactness, Efficiency

Gap), and constraints to enforce (e.g., roughly equal district populations).

2. Randomly choose two neighboring districts.

3. Erase the boundary between these two districts and randomly draw a new boundary

that maintains contiguity. Note that this action only affects the two chosen districts.

4. Check whether this new boundary satisfies the constraints chosen in Step 1. If it does

not, return to Step 3. If it does, continue to Step 5.

5. Check whether this new boundary improves the chosen fairness metric. If it does not,

return to Step 3. If it does, continue to Step 6.

6. Record this boundary. Repeat Steps 3-5 to create a collection of viable new boundaries.

7. From the collection of viable boundaries, select the boundary that yields the greatest

improvement in the fairness metric. Update the district plan accordingly. Repeat Steps

2-6 as needed.

Figure 4 shows an example sequence of changes to improve compactness in a four-district

plan, using counties as district building blocks. The initial plan (Figure 4a) has convoluted




